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a b s t r a c t

Capability of achieving desired thermal expansions is critically important for various engineering
applications. Inspired by the morphable kirigami patterns, three-dimensional (3D) mechanical meta-
materials are designed and fabricated with their effective thermal expansion properties being coded
within the fundamental thermo-mechanical coupled microstructures. With the concept of ‘bit’ being
introduced in the basic quarter unit, we construct ring-like unit cells which are assembled to
form different 2D and 3D metamaterials with programmable elastic deformations upon changes in
temperature. Both simulations and experiments are performed at different levels of the architectured
materials indicating that the targeted isotropic and anisotropic deformations can be achieved in a large
range (from -40% to 10% strain). Finally, the positively correlated relation between thermal expansion
property and Poisson’s ratio is also discussed. This work opens up new avenues for potential mechan-
ical metamaterial applications in deformable electronics, self-folding materials, artificial muscles, and
robotics.

© 2020 Elsevier Ltd. All rights reserved.
On many occasions, we require materials that can achieve
argeted size variations in response to temperature changes, for
xample, space crafts, buildings, solar energy systems, lens, en-
ines and artificial muscles [1–6]. These size changes induced
y temperature can provide power (such as artificial muscles),
fficiently utilize energy (solar energy systems) and adapt the
hermal working environments (tooth fillings and piping connec-
ions). Under these requirements, there have been two main ap-
roaches based on naturally grown materials and artificially en-
ineered structures to alter the overall thermal expansion prop-
rties of the system and therefore, achieve the desired thermal
eformations. For the natural materials-based approach, although
hemical reactions can be used to promote the materials with
unable thermal expansion [7–10], the material’s intrinsic frame-
ork at the molecular level prevents any extreme modifications
hich limits their applications. Further adjustments of the ther-
al expansion based on supramolecular mechanisms [4] include

ow-frequency phonon modes, magnetostrictive, ferroelectric and
isplacive phase transitions. However, the materials treated by
hese methods cannot be robust and durable over large temper-
ture changes [11]. The artificial structures, on the other hand,
re engineered with microstructures functioning as man-made
toms [12] which can provide customized overall mechanical [13]
nd thermal properties [14–22].
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Recent research on kirigami/origami reveals that the art for
paper cutting/folding can also efficiently guide the microstruc-
ture designs of artificial metamaterials with peculiar macroscopic
mechanical properties, such as negative Poisson’s ratio [23–25],
negative stiffness [26], adjustable curvature [27] and multista-
bility [28,29]. These origami-inspired designs also prove to be
advantageous in tuning the thermal expansion of metamaterials.
Boatti et al. [11] combined the well-known Miura-ori pattern
with bilayer facets and demonstrated a wide range of thermal ex-
pansion coefficients in the 2D metamaterial. The non-cut pattern
prevents the formation of complicated 3D tessellation which pos-
sesses more degrees of freedom for thermo-mechanical coupling
and even reprogramming.

In this work, we design and fabricate 3D kirigami metamate-
rials with thermo-mechanical coupled microstructures which en-
able the metamaterials to possess multiple thermal deformation
modes as well as large strains. The core part of the microstructure
is a new kirigami pattern with ‘γ ’-shaped shape memory alloy
(SMA) sheets/patches positioned at the dihedrals. The deforma-
tion of the proposed metamaterial is actually controlled by two
mechanisms: the shape memory effect, as a local deformation
mechanism, and the kirigami morphology, as a global deforma-
tion mechanism. Specifically, the ‘γ ’-shaped SMA patch controls
the local deformation angle (θ ) (see Fig. S12), which changes
the shape of the individual kirigami unit cell and therefore, con-
tributes to the global deformation of the metamaterial via the

different assembling methods of multiple unit cells. Furthermore,
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with the concept of ‘bit’ being introduced in the microstructure,
a ring-like unit cell is formed with multiple bits and becomes the
building brick to construct 2D and 3D metamaterials with coded
deformation modes upon corresponding temperature changes.

1. Unit geometry

Two plane angles (α, β) and three lengths (q, n,m) determine
the 2D folding/cutting pattern of 1/4 unit (Fig. 1a, red: moun-
tain creases, blue: valley creases), and four deformation angles
(θ1, θ2, θ3, θ4) determine its 3D configuration (connecting the
yellow sides to form new creases). The states of N deformation
angles correspond to N ‘bits’ (as an example here N = 4). Assum-
ing the 3D structure as a mechanism with rigid facets and joints
(creases), we define θi < 180◦ as ‘1’ state and θi > 180◦ as ‘0’
state. In Fig. 1b, each two adjacent bits can be switched between
four combinations via point E (initial structure with θi−1 = θi =

180◦, non-‘0’ and non-‘1’ state). Such structure with two bits can
be switched from point A (θi−1 < 180◦, θi > 180◦, state ‘1,0’)
hrough E to B (θi−1 > 180◦, θi < 180◦, state ‘0,1’) along the line
i−1 + θi = 360◦. It can also be switched from point C (θi−1 <

80◦, θi < 180◦, state ‘1,1’) through E to D (θi−1 > 180◦, θi >

80◦, state ‘0,0’) along the line θi−1 = θi. In Fig. 1c, planes ABC and
′B′C′ of a quarter unit are parallel during deformation regardless
f patterns, which provides a way to define the sizes in three
irections. A ring-like unit is formed by connecting four quarter
nits with the yellow panels (Fig. 1d). Fig. 1e shows size definition
f a ring-like unit following the definition fashion of quarter unit,
nd the connecting panels can be outward or inward which can
e flexibly chosen for the geometrical compatibility with multiple
nits. 2D cellular structure can be made by combining multiple
ing-like units (3 × 3 units with contraction, Fig. 1f). The quarter
nit with 4 bits possesses 16 patterns (Fig. 1g). But there are five
inds of deformation behaviors along Y -axis (y/y0 − θ plot, five

colors) and one deformation along X-axis (x/x0 − θ plot), where
x, y denote the sizes along the two directions (see also Fig. 1c),
and x0, y0 denote the initial sizes (with θi = 180◦, i = 1 ∼ 4,
see also structure E in Fig. 1b), and θ denotes the deformation
angle in ‘0’ pattern bit thus 180◦ < θ < 360◦ (for the mode
without ‘0’ pattern bits, e.g., ‘1111’, angle θ is calculated as 360◦

minus the angle of ‘1’ pattern bit to compare all data in one plot).
Therefore, the different deformations along Y -axis of a quarter
unit contribute many deformation modes for a ring-like unit.

To fabricate ring-like unit samples, thick papers with Young’s
modulus being 2 GPa are first cut by laser cutter. Then, γ -
shaped TiNi SMA patches, which are fabricated by welding two
flat patches (Young’s modulus: 100 GPa, thickness: 0.25 mm,
length: 14 mm, welded part: 4 mm, width: 6 mm, curvature:
0.05 mm−1), are glued on the facets to control the key defor-
mation angle θi, as shown in Fig. 1h. A SMA sheet inward or
outward the unit denotes ‘0’ or ‘1’ pattern, respectively. The
gluing protocol is a soft material and only a very thin layer
was applied between the SMA sheet and the thick paper facet.
Therefore, its influence on the key deformation angle (θ ) and
the overall thermal–mechanical behavior can be neglected. When
heated, the opening angle (δ, see Fig. S7) of the γ -SMA patch
decreases to actuate each deformation angle θi in the ring-like
unit, and the X- and Y-size variation with time of the structure
are measured by a camera. The initial values of θ and δ are set at
180◦, which can be tuned by mechanically adjusting the opening
angle δ before it being heated up. The details of unit geometry,
fabrication, deformation measurement and the relation between
temperature and deformation for SMA sheet can be found in the
Supplementary Materials.
2. 2D coded thermal expansions

Interestingly, the coded thermal expansion of a quarter unit
makes isotropic and anisotropic deformations for the ring-like
units under corresponding temperature changes. In Fig. 2, four
quarter units are set in the same pattern (111, 110, 100, or 000),
then four isotropic patterns of the ring-like unit are formed.
Four different thermal deformation behaviors can be found for
each pattern. In Fig. 2a, pattern 111 and 000 show deformation
behaviors of full thermal expansion and contraction, respectively.
During heating process, patterns 100 and 110 show medium
deformations between them. This can be also demonstrated in
the experimentally measured results, as shown in Fig. 2b (see
deformation photographs in Fig. 2c). See also Supplementary
Videos 1∼4, 8 for isotropic deformation.

In Fig. 2b, the structure strain in ‘111’ pattern stops changing
within 120 s, while the change in ‘000’ pattern needs more re-
sponse time. This difference mainly comes from the number of ‘0’
bit. A ‘0’ bit means that a γ -shaped SMA sheet is fixed inward the
structure, so when the structure is self-folded, the outcrop part of
the γ -shaped SMA sheet will conflict with the structure’s inner
facet and then, prevents the structure from deforming normally
(in a much slower manner and then with a hard stop). Eventually,
the delay of the strain’s converging to constant is observed in
the overall response of the metamaterial’s unit. On the contrary,
the γ -shaped SMA sheet will not conflict with any part of the
structure with ‘1’ bit, so the unit with kirigami structure in ‘111’
pattern deforms normally with its strain converging to a constant
value after two minutes of heating.

On the other hand, when the four quarter units are set in
different patterns (e.g., pattern #1: 100-000-100-000), as shown
in Fig. 3a, the ring-like unit possesses an anisotropic deformation
behavior along X and Y direction during heat. In the upper plots
in Fig. 3, we can see contractions along both X and Y direction
for pattern #1 (Fig. 3a), contraction along Y direction (gray) and
slight deformation along X direction (red) for pattern #2 (Fig. 3b),
and contraction along Y direction (gray) and expansion along X
direction (red) for pattern #3 (Fig. 3c). As evidences, the experi-
mental results and photographs can be seen below the simulation
results. See also Supplementary Videos 5∼7.

In Fig. 3b, the simulation of strain indicates expansion along
X direction, which is indeed different from the experimental
result. The strain results obtained from the simulation (upper
part in Fig. 3b) are based on the assumption that the structure
facets are rigid and therefore, easy to be kept in symmetric
shapes during the structure’s deformation. However, the fabri-
cated structure facets in the experiment are soft and bendable,
which makes them hard to be kept in perfectly symmetric shapes
during the structure’s deformations. Consequently, a small per-
turbation (such as friction between facets and SMA sheets or
different responses to heat for different SMA sheets) can break
the symmetric assumption and results in different structure’s
strain responses. When the overall structure’s strain changes
dramatically, as shown in the red curve of Fig. 3a and the initial
part of the red curve of Fig. 3c, the differences between the simu-
lation and experimental results are not obvious. But if the overall
structure’s strain changes slightly, as shown in the almost flat
red curve in Fig. 3b, the unsymmetric facets can cause relatively
obvious differences (from slight expansion to slight compression)
between the simulation and experimental results.

The thermal expansion coefficients of the ring-like structure
coupled with SMA patches can be tuned larger than that of the
layered ruthenate [7] and bilayer Miura-ori [11]. But it is not a
fair comparison, since the thermal expansion coefficients of the
materials used there are very small. In order to compare our work
with others in terms of creating artificial architected materials
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Fig. 1. Ring-like unit cell and its 1/4 unit. a, 2D folding pattern and 3D configuration of 1/4 unit. b, Adjacent deformation angles (θi−1, θi) switching between four
states (A,B,C,D) via E. c, Size definition of 1/4 unit (three patterns as examples). d, The folding/cutting pattern of one ring-like unit with four 1/4 units (yellow
triangles: connecting panels; green dots: cycle points). e, Size definition of ring-like unit. f, Contraction of ring-like unit and 2D tessellation with 3 × 3 units. g, 16
patterns of a 1/4 unit with four bits and five kinds of deformations (orange, brown, red, gray, and blue, see right plot) in Y direction and one deformation in X
direction. h, Assemble of a ring-like unit with 12 bits and 12 γ -shaped memory alloy sheets (outward: state ‘1’; inward: state ‘0’), and experimental setup (heat
platform, camera) for measuring sample thermal deformations. For samples, α = 90◦, β = 60◦ , q = n = m = 15 mm . (For interpretation of the references to color
in this figure legend, the reader is referred to the web version of this article.)
with large tunable thermal expansion properties, the minimum
and maximum value of thermal expansion coefficient of the 2D
ring-like structure coupled with SMA patches are ∼−8×10−3 K−1

and ∼2×10−3 K−1 (see Supplementary Materials for calculation),
which are ∼10 and ∼2 times of the 2D mechanical metamate-
rials [30], respectively. Beyond this, we can expect even larger
deformation range by increasing the value of plane angle β (see
Fig. S6A, here α = 90◦, β = 60◦ for easy fabrication) and
optimizing the SMA patches.

The strain is measured with the help of imaging process-
ing method based on the deformation images/videos, as this
method provides non-contact measurements on the deformation
of the sample. We calibrated the overall system and obtained
the ratio of the structures’ real size to pixel (0.073 mm/pixel).
The temperature (marked in Figs. 2 and 3) was measured with
thermocouple from the SMA sheet, which is the key part with
local thermal-coupled deformation mechanism (see Fig. S7). The
thermal expansion coefficient of the ring-like structure with N =
1 in 2D isotropic pattern influenced by the geometric parameters
is also shown in Fig. S7.

3. 3D coded thermal expansions

Further, a 3D cubic unit can be formed by symmetrically
combining four ring-like structures (Fig. 4a, the two transparent
planes denote the symmetrical planes). With such 3D cubic units,
we can create 3D cellular structures and obtain both isotropic
and anisotropic deformation property. Fig. 4b shows the isotropic
contraction process (from state #A to #C) of a 3D cellular struc-
ture with 4 × 4 × 4 3D cubic units. The 3D unit in state #C (red)
within the one in state #A (gray) shows near 7/8 contraction of
the original volume. Fig. 4c shows the deformation photographs
of a cubic unit actuated by SMA sheets during heat with different
temperatures, strains and times. Moreover, the cubic unit can
also be independently coded along X, Y and Z direction, which
exhibits anisotropic deformation property. Fig. 4d shows that four
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Fig. 2. Isotropic thermal deformation of 2D unit. a, Simulations of the strains ∆x/x0 and ∆y/y0 as functions of θ , each ring-like unit consists of 1/4 units with
the same pattern (111, 110, 100, and 000). b, Measurements of the strains of those unit patterns on the heat platform as functions of heat time. c, Isotropic
deformation photographs at heating time 0s, 30 s, 60 s, 90 s, and 120 s with the corresponding temperatures of SMA patch and structure strains. Curve, mean value
of measurement; shading, one standard deviation. ∆x/x0 = x/x0 − 1, where x and x0 denote the instantaneous size and initial size with θ = 180◦ in X direction,
respectively. Similarly, ∆y/y0 = y/y0 − 1.
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Fig. 3. Anisotropic thermal deformation of 2D unit. The simulations and measurements of the strains ∆x/x0 (red curve) and ∆y/y0 (gray curve) for a, Pattern #1
(100-000-100-000), b, Pattern #2 (101-000-101-000), c, Pattern #3 (111-000-111-000), d, Anisotropic deformation photographs at heating time 0s, 30 s, 60 s, 90 s,
and 120 s with the corresponding temperatures of SMA patch and structure strains. Curve, mean value of measurement; shading, one standard deviation . (For
interpretation of the references to color in this figure legend, the reader is referred to the web version of this article.)
quarter units (strips highlighted in orange) along X direction can
be coded as 111, 011, 001 and 000, and other strips along Y
and Z direction are unchanged. The same method can be used to
independently code the 3D unit along Y direction (Fig. 4e), thus
here we only show the results of X direction coding (Fig. 4g). But
it is different for Z direction coding, where eight strips need to
be coded (see Fig. 4f for the eight orange strips, see Fig. 4h for
deformation results). Nevertheless, we can observe independent
reprogrammable deformation behaviors along each direction. In
Fig. 4g, with X-direction coding four X-strains (pink lines with
four line types for four modes #1, #2, #3 and #4 in Fig. 4d)
can be generated, while Y-stain (green) and Z-strain (blue) have
only one deformation behavior, individually. Likewise, with Z-
direction coding four Z-strains (blue with four line types for #1,
#2, #3 and #4 in Fig. 4f) are shown in Fig. 4h, while Y-stain
(green) and X-strain (pink) have only one deformation behavior,
respectively. See Fig. 4i–k for the detailed deformation processes
of coding the cubic unit in modes #1, #2, #3 and #4 along
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Fig. 4. Coded deformations in three directions. a, 3D cubic unit built by four ring-like units according to two symmetrical planes. b, Isotropic contraction of cellular
tructure with 4 × 4 × 4 cubic units with θ = 180◦ (#A), θ = 210◦ (#B), θ = 250◦ (#C). The insert shows #C state unit (red) in #A state unit (gray) to compare the
sizes. c, Deformation of a cubic unit sample with various temperatures, strains and heat times. Cubic unit independently coded along d, X-direction (programming
the four orange strips along X-direction for #1, #2, #3, and #4 mode), e, Y-direction (programming the four orange strips along Y-direction for #1, #2, #3, and #4
mode), f, Z-direction (programming the eight orange strips along Z-direction for #1, #2, #3, and #4 mode). Strain −θ curves in the four modes when the cubic unit
s independently coded along g, X-direction, h, Z-direction (the green line is widened to make the pink line visible). Detailed cubic unit coding along i, X, j, Y, and
, Z direction. Color rule: pink, green, and blue denote X, Y, and Z direction, respectively. Here α = 90◦, β = 80◦ . (For interpretation of the references to color in
his figure legend, the reader is referred to the web version of this article.)
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he three directions. See also Supplementary Videos 9∼11 for
sotropic and anisotropic deformation of a 3D unit with 4 × 4
its.
The heating platform generates a temperature gradient. For 2D

tructure, this effect is negligible, but for 3D structure, the tem-
erature gradient may lead to inhomogeneous heating. There-
ore, here we focus on geometric simulation of strain (Fig. 4g
nd h) for the 3D case due to the limitation of our experimen-
al devices. In the future, we are planning build a new system
ith proper-sized oven to provide more accurate heating and
emperature-deformation measurements.

. Relation between thermal expansion property and Pois-
on’s ratio

For the ring-like units, the thermal expansion property is
ositively correlated with its Poisson’s ratio. Fig. 5a shows that
n initial ring-like structure (the simplest case with one bit for
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Fig. 5. Relation between thermal expansion and Poisson’s ratio for ring-like structure. a, Poisson’s ratio, νzx (or νzy), as a function of compression strain, ∆z/z0
(νzx > 0: pink curve, I and II; νzx < 0: gray curve, III and IV). b, Two paths of thermal deformations (expansion: pink arrows, I and II; contraction: gray arrows, III
and IV). . (For interpretation of the references to color in this figure legend, the reader is referred to the web version of this article.)
each quarter unit) can be coded into two paths of deformations.
On one hand, a structure in ‘+’ thermal expansion mode along X-
and Y- direction by setting every bit as ‘1’ state (see Fig. 5b I and
II for the two reconfigurations under compression, also the two
reconfigurations during heat) possesses ‘+’ Poisson’s ratio, νzx and
νzy (see Fig. 5a I and II, pink curve). On the other hand, a structure
in ‘−’ thermal expansion mode by setting every bit as ‘0’ state
shows ‘−’ Poisson’s ratio (see Fig. 5a and b, III and IV, gray curve).
The thermal deformations of a ring-like structure with multi-bit
in experiment can be seen in Fig. 2b and c (pattern ‘111’, ‘+’
thermal expansion; pattern ‘000’, ‘−’ thermal expansion). How-
ever, if this positively correlated relation can be applied for other
materials is an open question. Here, compression strain is defined
as ∆z/z0 = z/z0 − 1, where z and z0 denote the instantaneous
Z-size and initial Z-size with θ = 180◦, respectively. Poisson’s
ratio is calculated by νzx = −

dx/x
dz/z , νzy = −

dy/y
dz/z [31].

As a limitation of this work, the structures are fabricated
using thick paper, which is bendable, resulting in difficulties of
accurately controlling the metamaterial’s overall deformation. In
the future, we are planning that the structures can be fabricated
by stiffer plastic or metal facets with hinges by using 3D printing
techniques and coupled with SMA sheets. Also, finite element
analysis will be used to simulate the entire deformation process
for better demonstrations on the local and global effects of the
SMA patches and the kirigami structures, respectively. Last, the
shape of the SMA patch needs to be optimized, which is expected
to enhance the coupling and result in better overall performance
of the kirigami metamaterial.

In summary, we have demonstrated that a kirigami-inspired
ring-like microstructure provides a new building brick for de-
signing artificial materials with coded thermal expansion proper-
ties that support targeted isotropic and anisotropic deformations
upon outside temperature changes. By conducting both numerical
and experimental studies, we show that the thermal deforma-
tions of such metamaterials can be tuned not only by changing
the geometrical elements (angles or lengths) but also by varying
the binary codes encrypted in the microstructures, which pro-
vides a new dimension for tunable metamaterial designs. More-
over, we find that there is a positively correlated relation between
coded thermal expansion property and Poisson’s ratio. Although
paper-made structures in centimeter scale are investigated here,
our design strategy is able to be potentially extended to numer-
ous engineering materials and demanded scales, which opens up
avenues for designing new smart structures and novel devices in
the fields of energy, optics, aerospace, and electronics.
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